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N9OQPSR7TVUCW�XZY9R7[]\_^`OVacbLPdR7TQe�fLg9hMikjmlon@p/qG^r\_W�\_W9Rts�n@fZg9u7fLvwuxhVg>n@f�TVaoe�j�yzu7i�l�{+u}|�n@fV~
hQyH|&yHu7g9u7yzl��������S�VOQY�WoTM�QRxe9OVY9�>\C[tT���OVY>\}qGW�T@\t^`[tTQ[]�QR7e-b+s�lk�&g9h;��\_O�\_W9R�q�OVPCe>^`a9��O��
\dW9R�XZY9R;[�\d^rOQa�Y9aZ\_^`�o\dW9R���R7TVa9^`a9�}O��)\dW9R�XZY9R;[�\d^rOQa�^`[�U��`R7TVP7���SW9Rwa�\dP_��\_Om�oaoe�TVa�T�ao[_q�RwP;�
���&�VOQY��VRw\�[�\dYoUC�)b9e>OVa4� \�W9R;[]^r\dT�\_R�\_O�hQl��)u;g9h�um�VOVYoPS��� �}�oOVPG��RV�
���`R7TQ[]RGqGPd^�\dRGOVa��VOQY9P�W9OQ�xR7q�OQP_�t�QOVY9P�[_R7U�\_^`OVa�aLY9�m��RwP�T�aoe�T�a�R;[�\d^r��T@\dRGO���\_W9R�\_^`�xR
�QOVY�[_ �RwaZ\�[]OQ�r�L^`a9��^�\;�
��¡ fZnMhQyzv;f/¢�£
¤ OQao[]^$e>R7P�\dW9RtPdR7UB\CT�a9�QY9�$T�PGU�^r\�����T� o[S^`a2N�^r�QY9P_R�¥Q�r¥Q�

g�¦�§�O@q¨��T�aL��e>^$[�\d^ra�UB\�qSTM�>[�TVP_R�\dW9RwPdR�\_O��QO��HPdOV�© �OQ^raZ\��ª\dO� �OQ^raZ\�«�b9^r��OQa9Rt^`[
OVa9�`��TV�r�`O@q�R;e�\dO��xO@�QR�TV�rOQa9�x\_W9Rt�`^`a9R7[7b>Rw^r\_W9R7P�¬LOQY>\_WLqST�PCe�OVPG­�TV[]\�q�TVPde-�
� l�®z{+u7y¯l���°±���`�cTVUwUwRw >\CT��9�`R� oT@\dWo[��HP_OQ�²�³\dOx«³T�PdRm¥w´�[]\_Rw ��rOQa9�obLqGW9R7P_R�R7TQUCW
[�\dRw I^$[}R7^�\dW9RwP�OVa9R��9�`O>UC��\dOµ\_W9Rµ¬LOVY9\_WIOVPmOVa9R��9�`O>UC��\dOµ\_W9R�­¶TV[]\7��·���\_W9R;[]R
¥w´�[]\_R7 o[wb�R�¸9TVU�\_�`�µ¹�TVP_R�\dO@q�TVPdeo[�\_W9R}­�TV[]\7�S��\�e>OLR7[�a9O�\���T�\]\_R7P�qGW9R7aµ\_W9R;[]Rx¹
[�\dRw o[�T�PdR�e>OQa9R}T���OQa9�Q[]\�\dW9R�¥w´�[]\_R7 o[w�
­¶TVUCW: oT�\_W�U7T�a:��R�PdRw 9PdR7[_RwaZ\dR7eºTQ[�T�[_R7XZY9Rwa�U�R

X = (s1, ..., s14)
b-qGW9R7P_R

si

^`[
» ­�¼�^��4\_W9R

i ½z¾ []\_Rw �^`[�­¶TQ[�\�qST�PCe9[�T�aoe » ¬Q¼�^r�4^r\�^$[S[]OQY>\_WLqST�PCe9[7�&·��c\dW9R�¥7´�[]\_R7 o[wbR�¸9TVU�\_�`��¹xT�PdR�R7TV[]\�qST�PCe9[wbL[_O�\dWoT@\�Rw¸9TVUB\d�r��¹mOV�+\dW9R
si

T�PdR » ¬Q¼B�
�SW9RtaLY9�m��RwPGOV��qSTM�>[�O��+ o�`TQU�^`a9��R�¸9TVU�\_�`��¹ » ­&¼�[GT���OQa9�Q[]\t¥w´� �OZ[]^r\_^`OVa�[S^`[

C (14, 5) = 2002.

��¦�§�O@q¨��T�aL��e>^$[�\d^ra�UB\�qSTM�L[GTVP_R�\_WoRwPdR�\_O��VOx�HPdOV�² �OV^`aZ\ ¤ \dO� �OQ^raZ\�¿�bo^r��OQa9Rt^`[
OVa9�`��TV�r�`O@q�R;e�\dO��xO@�QR�TV�rOQa9�x\_W9Rt�`^`a9R7[7b>Rw^r\_W9R7P�¬LOQY>\_WLqST�PCe�OVPG­�TV[]\�q�TVPde-�
� l�®z{+u7y¯l���°À��aL�� �T@\_WI��Yo[]\}Rw^r\_W9R7P�¥;Á� �TV[d[�\_W9PdOVYo�VW ¤ ¼�TVaoe ¤ �4OQP�ÂVÁ� oTQ[_[
\_W9PdOVYo�VW/¿m�4TVaoe:¿G¼B�cN�^rPC[�\}U7TV[_RVÃ�\_W9R7P_R�^$[�¥�q�TM�2OV���VOQ^rao���HPdOV� ¤ \_O ¤ �4TVaoe
C (10, 5)

qSTM�>[SO��&�VOV^`a9�x�HPdOV� ¤ ¼�\_O�¿m�)¬LR7UwOVaoeµUwTQ[]RQÃ&\_W9R7P_R�T�PdR
C (8, 3)

qSTM�>[
O��S�VOQ^ra9���HPdOV� ¤ \_Oº¿��4T�a�eÄ¥�qSTM�ºO����VOV^`a9���HPdOV�Å¿�¼�\dOº¿m�c�ÆaITV�r�&\dW9RwPdR�T�PdR
\_WLYo[

1 · C (10, 5) + C (8, 3) · 1 = 252 + 56 = 308

q�TM�>[�O��&�VOQ^rao�m�HPdOV� ¤ \_O�¿��
Ç
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S

EW

N

C

C’’
C’

D

D’’
D’

A

BØSÙHÚ4ÛcÜ-Ý³Þ9ßzÞ9ß�à¶fLáâuV°�ãGR7U�\dTVa9�VY9�$T�P�U�^r\��� 9�$T�a4� � y¯s�i)uQ°��+q�OVäâ oTVP]\�Uw^�\��
qG^�\dWµ\�q�Ox�9Pd^`e9�VR7[7�

��¡ fZnMhQyzv;f � £m�å�`O�\_\_RwPd�ºWoTQ[
64
\d^`UC�QR�\d[7��§�O@qæ��T�aL��q�TM�>[tT�PdRx\_W9R7P_R�OV�G�V^`�Z^`a9�

60
OV�

\dW9R7[_R}\d^`UC�QR�\d[�\dO
60
 �R7Pd[_OVao[7b)�La9O@qG^rao��\_WoT�\�R;TVUCWº �RwPC[_OVaºPdR7UwRw^`�VR7[�R�¸9TVU�\_�`�µOVa9R�\_^$UC�VRw\Cç

èQYo[]\_^r�H���VOQY9P�T�ao[_q�RwP;�
� l�®¯{4u;yzl��¶°��SW9R�¥7[]\G �R7Pd[_OVa�^`[��V^`�VRwa�OVaoR�OQY>\GO���\_W9R}éV´m\d^`UC�QR�\C[w�
�SW9R}Â�aoe� �R7Pd[_OVa��VR�\C[GOVaoR�OQY>\GO���\_W9R}éQêm�`R��ë\dO@�VR7PS\_^$UC�VR�\C[w�
�SW9RtêVPde� �R7Pd[_OVa��VRw\d[SOQa9R�OVY>\�OV�4\_WoR}éQÂ��rRw�ë\_O@�QRwP�\_^$UC�VRw\d[7�
�`�r�
�SW9RtéQì@\_W� �RwPC[]OQa��QR�\d[SOQa9R�OVY>\�OV�4\dW9R�ízéV´�ä�¹�îQÁ¶�`R��ë\_O@�QRwPS\d^`UC�QR�\d[7�
����\dOV�VRw\_W9R7P7bL\dW9RwPdRtT�PdR�\_WLYo[

64 · 63 · . . . · (64− 60 + 1) =
64!

(64 − 60)!
= P (64, 60) ' 5.29E87.

��¡ fZnMhQyzv;f � £��ªq�Rw�2[]R7P_�QRwPGT�a�[]q�RwPC[
1000
XZY9RwPd^`R7[S �RwP�e9TM�Q��N9OVP�R7TVUCW4b9Tx[_^`a9�V�`R��r^`a9R}OV�

\dR�¸L\�^$[�TVe9e9R7eµ\dO�T��rOQ���o�`RV�}��\�¥7TV�µb�\dW9R�[]R7P_�QRwP�^$[� 9Y>\tO�ï�^`a9R��HOVP�T���^raLY>\dRV�m¿�Y9Pd^rao�
\dW9^`[�\_^`��RVboW�T��r� Ç \_WoR}�r^`a9R;[�O��&\dW9R}�`OV���o�`RmT�PdRte>Rw�`R�\dR7e-�Gð4R�\

xm

��Rt\_W9RmaZYo�m��RwP�OV���r^`a9R7[
^`a�\dW9Rt�`OV�x�o�`R}T@\t¥VÃ ì9¥;T��åO���\_WoR

m ½z¾ e9TM��OV�+OQ �R7PdT�\_^`OVa�O��4\dW9R}[_RwPd�VRwP;�
g�¦��+TV�L^ra9��^`aZ\_O�TQUwU�OQY9aZ\G\_W9R�¥7ìVìQì�e9T�^`�r��XZY9RwPd^rR;[�T�a�e�\dW9Rme>R7�rRw\_^`OVa2 9PdO>U�R;[_[7b9qGPd^�\dR

xm+1

TQ[STx�HY9aoUB\d^rOQaµO��
xm

�
� l�®z{+u7y¯l���°�ñ�Y9�m��RwP�O��&�r^`a9R7[GT�\}¥VÃ ì9¥;T��±O���e9TM�

m
Ã
xm

�
ñ�Y9����R7PGO��4�`^`a9R7[GT�\�¥QÃ ìQìVT��±OV�+e9TM�

m + 1
Ã
xm + 1000

bZ[_^`aoU�R�\_WoRwPdR�q�RwPdR
1000XZY9RwPd^rR;[w�

ñ�Y9����R7PSO��4�`^raoR7[ST@\�¥VÃ ì9¥7TV�æOV�+e9TM�
m + 1
Ã

xm+1000

2

b>[]^`aoU�R�WoTV���c\dW9R��r^`a9R7[�WoTM�QR
��R7RwaµPdRw��O@�VR;e-�
�SWLYo[wÃ

xm+1 =
xm + 1000

2
.

��¦:·�a�\_W9R��oPC[]\GeoTM�Vb9T@\t¥QÃ ìo¥7T��µbZ\_WoRt�rOQ�����rRtWoTQ[
1000
�`^ra9R;[wbo^¯� RV�

x1 = 1000
�

¥;Á ¤ OV�� 9Y9\_R
x2

b
x3

TVaoe
x4

�
� l�®¯{4u;yzl��¶°

x2 = 1000+1000

2
= 1000

�
x3 = x4 = 1000

�
ÂVÁ�òóWoT�\GTVP_R

x1000

b
x1000000

TVaoe
x1000000000

ç
� l�®¯{4u;yzl��¶°

x1000 = x1000000 = x1000000000 = 1000
�

Ç (+ôâô¯õMöG÷&ø ùcøúôcû�üBôâôâøúý;þú÷&ùâüSÿB÷�÷�û����������Æùâøúü
	��Cþ�	wõMö�ýV÷
�cü��9þúø�	M÷�ô_=
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êQÁ�èQYo[�\d^��H���VOVYoP�T�ao[_q�R7P�\_Ox\_W9Rt�$TV[]\�XZY9R7[]\_^`OVa�qG^�\dW2T� 9P_OLOV�+�L��^`aoe>YoU�\_^`OVac�
� l�®¯{4u;yzl��¶°
ðcRw\

P (n)
��R�\dW9Rt 9PdOV �RwP_\��

xn = 1000
�

«STV[_^`[S[]\_R7 cÃ
P (1)
^$[S\_PdY9RV�

�Æaoe>Y�UB\_^`OVa�[�\dRw cÃ�¬LY9 9 �OQ[_R
P (n)
^`[�\dP_Y9RQb)^¯� RV�

xn = 1000
���SW9Rwa

xn+1 =
xn+1000

2
= 1000

bL[_Ox\_WoT�\
P (n + 1)

^$[�e>R7e9YoU�R;e��HPdOV�
P (n)
�

��¡ fZnMhQyzv;f��4£�N9OQP�T��`�
n ∈ N
boe>Rw�oa9R

xn = 1 + 1

2
+ . . . + 1

2n =
∑

n

i=0
1

2i

�
g�¦ ¤ OV�� 9Y>\dR

x0

b
x1

b
x2

b
x3

T�aoe
x4

�
� l�®z{+u7y¯l���°

x0 = 1
b
x1 = 1+ 1

2
= 3

2
= 2− 1

2

b
x2 = 7

4
= 2− 1

4

b
x3 = 15

8
= 2− 1

8

b
x4 = 31

16
= 2 − 1

16

�
��¦�¬LW9O@q
�Z��^ra�e>YoUB\d^rOQa�\_WoT�\7bL�HOVP�TV�r�

n ∈ N
b
xn = 2 − 1

2n

�

� l�®z{+u7y¯l���°�¿�R���a9R
P (n)

∆
≡ xn = 2 − 1

2n

�
«STV[_^`[G[]\_R7 cÃ

x0 = 1 = 2 − 1

20

b9[_O�\dWoT@\
P (0)
^`[�\dP_YoRV�

�Æaoe>YoU�\_^`OVaÄ[]\_R7 cÃ���[d[]Yo�xR�\_WoT�\
P (k)
^`[m\_PdY9R��HOQP�[_OV��R

k ∈ N
���SW9R7acb

xk =
2 − 1

2k

����[GT�U�OVa�[]R;XQYoRwaoUwRVb

xk + 1

2k+1 = 2 − 1

2k + 1

2k+1

= 2 − 2

2·2k + 1

2k+1

= 2 − 2

2k+1 + 1

2k+1

= 2 + 1−2

2k+1

= 2 − 1

2k+1 .
¬L^`aoU�R��xOQP_R7O@�VR7P7b��L��e>R���a9^�\d^rOQa�O��

xk+1

b
xk+1 = xk + 1

2k+1

T�aoe�\_WLYo[
P (k + 1)^`[G\_PdY9RV�

��¡ fZnMhQyzv;f � £��SW9Rµ oTV[d[]q�OVPCe9[xOVakTIU�OQ�� 9Y>\_R7P�[]�>[]\_R7� U�OQao[_^`[]\�O��tUCWoT�PCTVU�\_RwPC[7� ­¶TQUCW
UCWoTVPdTQUB\dRwP���R7�rOQa9�Q[�\dO�\dW9R}[_R�\

C = { ����� ... ����� , ����� ... ����� , ����� ... ����� } �
g�¦�ò�Pd^r\_R�^`a³��T�\_W9R7��T�\_^$UwTV��a9OV\dT@\d^rOQak\_W9R/[_R�\�OV�t´�äÆUCWoT�PCTVU�\_RwP� �TV[d[]q�OVPCe9[7��§�O@q
��T�aL��Rw�`Rw��R7aQ\C[�e>OLR7[S^r\�WoTM�QR;ç
� l�®z{+u7y¯l���°��SWoR}[]Rw\�O��+´Vä�UCW�T�PCTVUB\dRwP� oTV[d[_q�OQPde9[�^$[

C × C × C × C = C4 = {(a1, a2, a3, a4) | ∀i, ai ∈ C}
��\d[�U7T�PCe>^`aoT��)^$[wÃ ∣

∣C4
∣

∣ = |C|
4

= 624 = 14, 776, 336
�

��¦ºò�Pd^r\_R�^ra���T�\_W9R7��T�\_^$UwTV��a9OV\dT�\_^`OVa�\_WoR�[_R�\�O��c´�äCb>¹Mä&OVP�é�ä&UCW�T�PCTVUB\dRwP� �TV[d[]q�OVPCe9[Cç
òóWoT@\�^$[G^r\d[GU7T�PCe>^ra�T��ëç
� l�®z{+u7y¯l���°��SWoR}[]Rw\�O��+´Vädbo¹@ä�OVP�é�ä�UCWoTVPdTQUB\dRwP¶ �TV[d[]q�OVPCe9[�^`[

C4 ∪ C5 ∪ C6 =
{

P | P ∈ C4 ∨ P ∈ C5 ∨ P ∈ C6
}

.��\d[�U7T�PCe>^`aoT��)^$[
∣

∣C4 ∪ C5 ∪ C6
∣

∣ =
∣

∣C4
∣

∣ +
∣

∣C5
∣

∣ +
∣

∣C6
∣

∣ = |C|
4
+ |C|

5
+ |C|

6
' 5.77E10.hZ¦�ò�Pd^r\_R�^`a���T@\dW9Rw��T�\_^$UwT���a9O�\CT@\d^rOQa�\_W9R�[]Rw\�O��-´Vä�UCWoTVPdTQUB\dRwP� oTQ[_[_q�OQPdeo[�U�OVa�[]^$[�\d^rao�

OVa9�`��OV��Y9 o �R7P]ä�OQPG�rO@q�RwP_ä�U7TV[_R��`R�\_\_RwPC[Cçµ§�O@q³��TVaZ��[]YoUCWµ oTQ[_[_q�OVPCe9[�TVP_R�\_WoRwPdR;ç
� l�®z{+u7y¯l���°2ðcRw\

C′ = { ����� ... ����� , ����� ... ����� } � �SW9R�[_R�\�O���´�äÆUCWoT�PCTVU�\_RwPm oTV[d[�äq�OQPdeo[�UwOVao[_^$[�\d^ra9��OV���`R�\_\_RwPC[S^$[
C′4 = {(a1, a2, a3, a4) | ∀i, ai ∈ C′} .



È�ÉwÊdË_Ì�Í-Î�Ï�Ð-Ñ>ÐIÒ-ÓcÔSÑLÕmÓcÎ�ÖI× �

�SW9R}UwTVPde9^raoTV�)O���\_W9^$[�[_R�\G^`[

524 = 7, 311, 616.

p&¦ºò�Pd^r\_Rt^`a���T@\dW9Rw��T�\_^$UwT��-aoO�\dT�\_^`OVa�\_W9R}[_R�\GOV�+´�äÆUCWoTVPdTQUB\_R7P� �TV[d[]q�OVPCe9[�qG^�\dW�¥�OVP
��OVPdR�e9^r�Q^�\C[S^ra�\_WoRw��çº§�O@q³��T�aL��[_YoUCW� oTV[d[]q�OVPCe9[�T�PdR�\_W9R7P_RMç
� l�®z{+u7y¯l���°�¬L^`aoUwRG\_W9^$[�[]Rw\¶^`[�\_W9R�U�OQ�x o�rR7�xR7aZ\dT�Pd�mOV�)\_W9R�[]Rw\¶O��- oTQ[_[_q�OQPdeo[&qG^�\dW
a9O�e>^`�V^r\d[S^`a�\_W9R7��b9\_W9^$[�[_R�\G^`[

C4 \ C′4 = {(a1, a2, a3, a4) | ∀i, ai ∈ C, ∃i ai ∈ C \ C′} .

¬L^`aoU�R
C′ ⊆ C

b>OQa9R�WoTV[
∣

∣C4\C′4
∣

∣ =
∣

∣C4
∣

∣ −
∣

∣C′4
∣

∣ = 624 − 524 = 7, 464, 720.

f9¦ºò�Pd^r\_Rx^ra���T�\_W9R7��T@\_^$UwTV�&a9O�\CT@\_^`OVaº\_W9R�[]Rw\�OV��´�äÆUCWoT�PCTVU�\_R7P� oTV[d[_q�OQPde9[�qG^�\dW�Rw¸Zä
TVU�\_�`��ê�e>^`�V^r\d[S^`a�\dW9Rw��ç2§�O@q
��TVaZ��[_YoUCWµ oTQ[_[_q�OQPdeo[�TVP_R�\_W9R7P_RMç
� l�®z{+u7y¯l���°�ð4R�\

D = {0...9}
���SW9R}[_R�\�^`a�XZY9R;[�\d^rOQaµ^`[

{

(c1, c2, c3, c4) ∈ C4 | ∃!i ∈ {1...4} , ci ∈ C′
}

=

D ×D ×D × C

∪ D ×D × C ×D

∪ D × C ×D ×D

∪ C ×D ×D ×D.

��\d[�U7T�PCe>^`aoT��)^$[
4 · 261 · 103 = 104, 000.

��¡ fZnMhQyzv;f �4£�¬LOV�`�VR�­�¸LR7PdUw^`[_R"!t 4�Zêo¥7ì�O��)\dW9R�\dR�¸L\_��OLOV�$#r¥&%âÃ&W9O@qk��T�aL��e9^(')RwPdRwaZ\¶\dW9PdRwR�ä
�`R�\_\_RwPG^`a9^r\_^$T��$[GqG^r\_Wµa9OVaoR�OV�+\dW9Rt�`R�\]\dRwPC[SP_R7 �R;T@\dR7e�UwT�a� �RwOV o�rRtWoTM�QR;ç
� l�®¯{4u;yzl��¶°

P (26, 3) = 26 · 25 · 24 = 15, 600

��¡ fZnMhQyzv;f � £�¬>OV�`�VR�­�¸LR7PdUw^`[_RtÂ�é} 4�Lêo¥V¥�O��c\dW9R�\_R�¸L\d��OLOV��#`¥&%�Ã&W9O@qó��T�aL���`^`UwRwao[_R� o�`T�\_R7[
U7T�at��R¶��TVe>R¶Yo[]^`a9��R7^�\dW9RwP4\_W9PdRwR¶�rRw\]\_R7Pd[4�HOV�`�`O@q�R;e��L��\_W9PdRwR�e>^r�Q^�\C[4OQP-�HOVYoP4�`R�\]\dRwPC[c�HOQ�r�`O@q�R7e
�L��\�q�O�e>^r�Q^�\C[dç
� l�®¯{4u;yzl��¶°2¬LY9����T@\d^rOQaÄPdY9�`RVÃ

263 · 103 + 264 · 102 = 17, 576, 000 + 45, 697, 600 =
63, 273, 600 ' 6.3E7.

��¡ fZnMhQyzv;f�)c£t¬LOV�`�VR�­�¸>RwPCU�^$[_R�ÂVìm c��êQÂV¹}O��+\_W9R�\dR�¸L\_��OLOV�*#`¥
%�Ã�W9O@q ��T�aL���9^r\�[�\dP_^`a9�Z[SO��
�`Rwa9�V\_W�\_R7a�W�TM�VR
g�¦�R�¸9TVU�\_�`��\_WoP_R7R}ìV[Cç
� l�®z{+u7y¯l���°

C (10, 3) = 120��¦º��OVPdR�ìQ[�\_WoTVa/¥7[Cç
� l�®z{+u7y¯l���°

C (10, 6) + C (10, 7) + C (10, 8) + C (10, 9) + C (10, 10) = 386hZ¦�T@\��`R7TQ[�\�[_Rw�VR7a�¥;[dç
� l�®z{+u7y¯l���°

C (10, 7) + C (10, 8) + C (10, 9) + C (10, 10) = 176p&¦�T@\��`R7TQ[�\S\_WoP_R7Rx¥;[dç
� l�®z{+u7y¯l���°

22 − C (10, 0)− C (10, 1)− C (10, 2) = 968



È�ÉwÊdË_Ì�Í-Î�Ï�Ð-Ñ>ÐIÒ-ÓcÔSÑLÕmÓcÎ�ÖI× Ì
��¡ fZnMhQyzv;f,+c£�§�O@q���T�aL��[_R7XZY9R7aoU�R;[

(a1, a2, a3, a4, a5)
OV�Q�o�QR�aLY9�m��RwPC[)\dTV�VR7a�^`a

{0, ..., 9}TVP_R�[]Y�UCW�\dWoT@\
a1 < a2 < a3 < a4 < a5

ç2èQYo[]\_^r�H���VOQY9P�T�ao[_q�RwP;�

� l�®¯{4u;yzl��¶°º��aL�Ä[]Y�UCW [_R7XZY9Rwa�U�RµUwT�a ��R2e>Rw�oa9R;eÄ�L�ÄT:[]Yo�o[]Rw\
A
OV���o�QR�R7�rR7��RwaZ\d[x^`a

{0, ..., 9}
��NoOVPmTVaZ�:[]Y�UCW

A
b&OVa9R�U7T�a [_OVP_\�^`aI^`aoU�PdR7TQ[]^`a9�2OVPCe>R7Pt^�\C[}Rw�`Rw��R7aQ\C[}T�a�eIUwT��`�

\dW9Rw�
a1, ..., a5

b�\_WLYo[�e9R��oa9^`a9��\_W9Rx[]R;XQYoRwaoUwR
(a1, ..., a5)

����\�^$[�Uw�rR;T�PG\dWoT@\�\�q�O�e9^`[]\_^`aoUB\
[_R�\C[�e>Rw�oa9Rxe>^`[]\_^`aoU�\�[_R7XZY9R7aoU�R;[�TVaoeµ\_W�T@\�TV�r��[_R7XZY9R7aoU�R;[�O������VRm^`aoUwP_R;TV[_^ra9��Rw�`Rw��RwaZ\d[�^`a
{0, ..., 9}

UwTVa���R�e>Rw�oa9R7e��L��Tm[_Y9�o[_R�\SO��c�o�QR�R7�rR7�xR7aZ\d[�^ra
{0, ..., 9}

���SW9R7P_R�T�PdRG\_WLYo[STQ[
��T�aL��[_R7XZY9R7aoU�R;[STV[�¹Mä�Rw�`Rw��R7aQ\�[_Y9�o[_R�\C[SO���\_W9R}[_R�\

{0, ..., 9}
b�[]Ox\_WoRwPdR�TVP_R

C (10, 5) = 252[_R7XZY9R7aoU�R;[w�
� l�n@f2yz�kp�fQu;g9yz®¯vV£��SW9R}[_R�\Gq�R}TVP_R�^`aQ\dRwPdR7[]\_R;e�^`aµ^`[

S =
{

(a1, a2, a3, a4, a5) ∈ {0..9}
5
| a1 < a2 < a3 < a4 < a5

}

.

ò:R�qG^r�`�ce>R���a9RtT�OQa9R�äâ\_OVäâOQa9R�TVaoe�OVaZ\_Ox��T� 9 9^`a9�x�HPdOV�±\_WoR}[]Rw\SOV�&¹@äâR7�rR7�xR7aZ\S[_Y9�o[_R�\C[SO��
{0, ..., 9}

^`aQ\dO
S
boTVaoe�\dWLYo[�[_W9O@qó\_W�T@\G\_Wo^`[G�$TV[]\�[]Rw\�WoTV[

C (10, 5)
Rw�`Rw��RwaZ\d[7�

�4OóTVaZ� [_Y9�o[_R�\
A
OV�

{0, ..., 9}
qG^r\_W¨�o�VR/R7�rR7�xR7aZ\d[7b�q�RITV[d[]O>Uw^`T�\_R�\_W9R [_R7XZY9R7aoU�R

S (A) = (a1, a2, a3, a4, a5)
O���^�\C[�[]OQP]\dR7eºR7�rR7��RwaZ\d[7�}ò:R�\dWLYo[te>R���a9R�T���T� o 9^rao���HPdOV�

\dW9Rm¹Mä�Rw�`Rw��RwaZ\G[]Yo�o[]Rw\d[GOV�
{0, ..., 9}

^`aZ\_Ox\_W9R}[_R�\�OV��[_OVP_\_R;e�[_R7XZY9R7aoU�R;[SO��&¹xe>^`�V^r\d[7�
�SW9^$[t��T� 9 9^`a9�2^$[}OQaQ\dOob�[]^`aoU�R�^�\�TV�r�`O@q�[�\_Oºe9R��oa9R�T�aL��[_R7XZY9R7aoU�R

(a1, ..., a5)
b�[]^`aoUwR

S ({a1, ..., a5}) = (a1, ..., a5)
�}�SW9^$[���TV 9 9^`a9��^$[�OVa9Rwä¯\dO�ä�OVa9RQb�[_^ra�U�R�e9^`[]\_^`aoUB\}[_R�\C[��L^`Rw�$e

e>^$[]\_^`aoUB\�[_R7XZY9R7aoU�R;[w�
�SW9R�U7T�PCe>^`aoT���O��

S
^$[¶\_WLYo[�R7XZYoTV�o\dO}\_WoR�UwTVPde9^raoTV��OV�-\_W9R�[]Rw\�OV�+¹Mä�Rw�`Rw��RwaZ\S[]Y9��[]Rw\d[�O��

{0, ..., 9}
b>qGW9^`UCWµ^$[

C (10, 5)
b�TV[G[_RwRwa�^`aµUw�`TQ[_[7�
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